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We will present some basic analytic constructions related to line bundles, and explain how
they are related to the positivity notions introduced in F. Lo Bianco’s talk.

After introducing the notion of a hermitian metric on a line bundle, we will present standard
constructions associated to it, namely, its Chern connection, and its curvature. We will explain
how the latter can be used to give a De Rham representative for the first Chern class of the
given line bundle. Then, we will present the Kodaira embeddding theorem, which states that a
line bundle is ample if and only if it admits a metric with positive curvature.

The notion of positivity of the curvature of a metric can be relaxed if we consider this cur-
vature as a distribution. This naturally leads to the notion of plurisubharmonic function, whose
basic properties we will briefly describe. These functions take an essential place in the analytic
tools we have to study entire curves : actually, on an entire curve, it cannot exist a metric
with ”sufficiently negative curvature in the sense of distributions”. This is the content of the
Ahlfors-Schwarz lemma, which we will present at the end of the talk.
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It will be a mini introduction course on toric varieties divided into two parts.
A toric variety is an algebraic variety containing an algebraic torus as an open dense subset such
that the action of the torus extends to the whole variety. After giving some easy examples, we
will present different equivalent constructions of affine toric varieties: 1) via a parametrization
2) as the zero set of a toric ideal, i.e. a prime ideal spanned by binomials 3) in terms of a finitely
generated algebra coming from an affine semigroup.

The combinatorial side of toric varieties will be highlighted in these constructions by the use of
two dual lattices, the so called character lattice and lattice of one-parameter subgroups.

Then we will focus on the construction of abstract toric varieties using the combinatorial data
of fans, i.e. a collection of cones in the second lattice satisfying some other properties.

The idea is to deduce from such a cone a semigroup in order to construct locally the vari-
ety and then to use the above-cited properties of the fan to patch together these charts.

Notice that the torus is included in all of these local charts so that, on the algebraic counterpart,
all the data, including the patching one, lie in the ring of Laurent polynomials $C[x iˆ±]$(hencethetitleofthiscourse).
Dependingontheremainingtime,wewillfinishwiththeorbits− conescorrespondence.
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In this introductory talk, we will describe the construction by Semple of a ”parameter
space” of order 2 curvilinear elements on the projective plane in his 1954 paper. This will be an
opportunity to motivate the definition of the so-called Semple tower by relating it to classical
algebraic geometry, and also to give a quick overview of the questions on which we will be
focused during the workshop.
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In this introductory talk, we review some constructions in classical (i.e. pre-schemes) al-
gebraic geometry; in doing so, we will try to state explicitly the parallels with more familiar
topological notions.
We first recall the definition of Zariski topology and of quasi-projective varieties; we will describe
in detail the example of Grassmannian varieties.

Next, we introduce the notion of line bundles, and discuss some of the positivity properties
of such objects (ampleness, bigness, nefness), as well as the algebraic definition of first Chern
class.
Finally, we give the introduction and basic properties of algebraic groups and their representa-
tions.
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In this introductory talk, we give definitions and provide examples motivating the study of
the geometry of entire curves, i.e., of non constant holomorphic maps $f : {C} → X$withvaluesinagivencomplexmanifold$X$.Then,wegiveabriefideaoftheformalismofjetdifferentials, thatcanbeviewedasacoordinatefreedescriptionofthedifferentialequationsthatentirecurvesmaysatisfy;wealsopresentasketchofasuccessfulgeneralstrategyduetoBloch,Demailly, Siuandothers, tocontrolthegeometryofentirecurvesusingjetdifferentialsvanishingonanampledivisor.
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Following the paper of A. Nobile ”Some Properties Of The Nash Blowing-Up”, I will first
define this blow-up. Roughly speaking, it replaces the singular points by the limiting positions
of the tangent spaces of nonsingular points. Next we will prove that the Nash blow-up is locally
a monoidal transformation. The center of this transform is closely related to the Jacobian ideal.
Finally we will show that if X is a variety over an algebraically closed field of characteristic zero,
then this blow-up is an isomorphism if and only if X is nonsingular.
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In this talk we will prove that a curve over a field of characteristic 0 can be desingularized
by a finite sequence of Nash blowups. We give some concrete examples to illustrate this, as well
as an example to show that the result fails in positive characteristic.
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The lecture will provide an introduction to the geometry of jet bundles and of the Semple
tower. Applications include a fundamental vanishing theorem for entire holomorphic curves,
and precise cohomology estimates for jet bundles. These imply in their turn that entire curves
drawn on varieties of general type have to satisfy certain global algebraic differential equations.
As a consequence, we will present a rather direct proof of the Kobayashi conjecture on the
hyperbolicity of general hypersurfaces of high degree in projective space.
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I shall mainly talk on the multiplicity properties of the chains of points in the Semple tower.
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In the first part of these lectures we propose some material towards a theory of general
toric varieties without the assumption of normality. Their combinatorial description involves a
fan to which is attached a set of semigroups subjected to gluing-up conditions. In particular it
contains a combinatorial construction of the blowing up of a sheaf of monomial ideals on a toric
variety. In the second part this is used to show that iterating the Semple-Nash modification
or its characteristic-free avatar provides a local uniformization of any monomial valuation of
maximal rank dominating a point of a toric variety. We describe this result in connexion with
the properties of the Zariski-Riemann space in toric geometry.
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12



Dynamique, Arithmétique et Combinatoire (GDAC) qui couvrent un vaste spectre des
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Le projet Archimède a été retenu comme centre d’excellence ( Laboratoire d’excellence ,

LabEx) par le programme national Investissements d’Avenir .
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LJAD Université Nice Sophia Antipolis - Laboratoire Jean-Alexandre Dieudonné.
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